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1 By =z +cosz, yo = +sinz, ys =z BN ZFrE REARTF RGN TTRM =AM, Kz
Iy TR S FLE AR
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sinxy
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y—0
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4. RERT 22 + 2 + 2% = 50 HHEM 22 + y® = 2° Tl I i RTE (3,4,5) AMDILk 5P s 2.

5. WAL 2z = z(w,y) HITHR (2 + )" =2 + 2y TR, KR dz| ).

. . " 0 . d
6. ﬁu:f(x,y,z), <P($27ey72)=0’ Yy =cCosx, :/H\:EP f’ @Eﬁ—‘gjl\@éiﬁﬁ%ﬁ’ H%#Oy ﬁ_(d%
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D
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1 T
. kB 1= [ an [ oT-a Ry
—1 -1

0%z
Oy’

9. M s = f (0%~ yop(ay) Fob fu,0) B BUESIRSEL o) WS, WK

10. WPHEXIE D = {(z,9)|2® +9° < 1,2 +¢* > 2y,2° + > > —2y,2 > 0}, ROERHS T =

// (y3 + \/m) dzdy.

2 ZAE (B8, H4097)
i

1. BERREL f(u) B ZBESTHL 2 = f(e” cosy) Wi

9z 02
87::; + 873; = (42 + €” cos y) e*".

% f(0)=0, f/(0)=0, R f(x) FIFREA.
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12, RELL - {x LA CETE 2y + 2 = 0 (1% Po(2, 1, —2) JAVIPIH b i3 EL A 7 7.
2w+y+4z—2=0

‘ uoe |32 2y =12, \ ; .
13. BT S o2k 2y fhEEE— AR T, REH u=2*— 32z + 22 + 42
z2=0

WY bEsP (O, V3, \/5) AR 1) MO R T B 7 T PR T

vV |zy| sin(z? + y?)
” mewm,y){ e @ #00)

TAEJRA (0,0) ARRIESEM . WS EAFENE X
0, (z,y) = (0,0)
ATl

15. % Po(0, Yo, z0) AEHFHITE S : o(x,y,2) = 0 S I— 5 £, Pla,y, 2) NS FATE— AL iEW: 2 ‘ﬁ;ﬁ‘
FE, W PP AR S 75 P b i
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1.

Solution. HEUE T4 v — y3 = cosx, Yo — y3 = sinx &5 FEXT B FF IR 5 FE PR AS 261 T8 S O fie
EATRIEL T FEROT IR — AN R, B OO RERHERR Y i, PTUSF RO N " +y = 0.
WAL T REAETHIR TN f(x), W vz = 2 AT Y +y = f(x), 18 f(z) ==

FT A% B i R BEARF IR AN TR " 4y =

HIEfEN y = Crcosx + Coysinx +z, HH Cp, Co TR F L

. Solution. F1fEE A% OA = —(1,1,1), OB = (~3,6,0).
\/§
P N A -
FT L AT DY T I AR S = ]OA x aﬂ — V3. V14 = V2.
. Solution. . .
L S0%Y _ . Siney -
it SR v
sinu
= lim -a=a.
u—0 U
. Solution. % F(z,y,2) = 2° + 1> + 2% — 50, G(z,y,2) = 2%+ 1y — 2>

2 2
E—. %(R ¢) I = 8yl (34 = —160 £ 0,
(y,2) (3,4,5) 2y —2z (3.4.5) ’
3 =] F(x7y7 Z) = a3 > > =2 NG Mz
B LA 20 A AME—Hf 2 RSB A L FER R y = y(2), 2 = 2(2).
G(z,y,2) =0
. F(x,y,2z) =2 +y?>+ 22 =50 =0, i 2m+2y—+2— 0,
e ) ! PR 2 RG, 1 T
Gz,y,2) =2 +y>—2>=0 2m+2y——2z— 0
dx dx
dy x
73 SEL dix Ty y > =N N dy dZ
fEts < q Yo, BbIgmTrmmET BN 4 (1, =, — = (4,-3,0),
4 _, dx’ dx (3.4,5)
dz
PN -3 y—4 z-5
iRy L2 = ,
AEAAWE ) 1 —3 5



7. Solution. W&/ flr,y)dzdy = C, T f(z,y) =
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PN 4 (2 —3) —3-(y—4)+0-(2—5) =0, B4z —3y =0.

EZ.VE = (22,2y,22), VG = (2x2,2y,—2z),

ERA I T H 5 B2 N o = fVF| — (3,4,5) ng = %va|(3,4,5) —(3,4,-5),
) 1 j k
BRI AR — L npxng =3 4 5 |=(4,-3.0)
3 4 -5
ity L0 =V 200,

EPH N4 (2 -3)—3-(y—4)+0-(2—5) =0, Bldz -3y =0.

. Solution. ¥ z =1, y=2ATTH (z +y)* =2+ 2y 3 2 = 3. FITENLLEMS, 7

de” "GY) — d(x + 2y)
(z+y) " d(xzn(z +y)) =do + 2dy

dz+dy) = dz + 2dy

Z+y

(z+1y)" (ln(z +y)dz + -

dz +dy
5

Bar=1y=22=3RANLH, ?%5<ln5dx+ ) = dz + 2dy,

A dz|(; ) = (1 = 5In5)dz + dy.

. Solution. 7772 ¢ (2°,¢,2) = 0 Wit} = KT, 14

dy 0z
r.9 rey. 2 L2 =0
©1°22+ g€ dx"“ﬂs - )

de——sinx, ﬁﬁu%_ —2xp) + ¢y - eysmx

dx Ox 4,03
d . /
ﬁﬁw\ézfl f2 +f3 f1 fé51nx+f3'

=2z + ph - e¥sinz
¥ '

2

x
2

2 2
O://<I+y>dxdy—40//dxdy
2 3 T

D D
5
=0 // (2 + y?) dady — 4C
D

2
+ % - SCPUERE D LBy, 1

5 27\' 1

=— do r3dr — 4C
12 0 0
5 o 5

=2 uo=2r_4C
12 4 24"

7 SEl fi ) =
A C = yme BT f(a,y) =
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8. Solution. B4 Xt E R, HH Dy ={(z,y)| - 1<y <0,y <z < -y},

Dy={(zy)0<z<l,—s<y<a} MI= // oy/T— 22 § ghdady.

Di+D>

BT Dy KTy B6RR, B
Fir LA //:c\/l—x2+y2d:cdy:0.

D,
X Dy KT x HIXSFR, BRI y = 21 — 22 +y? KTy ZHERE,

JIrEA

1 1
I://x\/l—:z:2+y2dxdy:2/ dy/ zy/ 1 — 22 4+ y2dx
0 Y

r=1
= (1—2*+47) 1dy
=y
2 nw=-2 (5=
E =731 2
. 0z / / /
9. Solution. o J1-22+ fy-¢'(2y) -y

Pz 0 , .,
=2z (—f1} + xfio9 (xy)) + fo0' (xy) + yo' (zy
=—2zf) + (227 — y) flo9' (xy) + f3¢ (xy) + zy (fo00 (xy) + f3

bl f(u,v) ZB R FERESE TS 1, =

10.

Heh Dy = {(z,9)|l2* +y* < 1,2° + 4% > 2y,2 > 0,y > 0}

FIRR AR FRACHE, T

I 2//\/x2+ydxdy—2/ do r2dr
2sin 0
us 3 1 s
2 f
:2/67; d9=7/6(1—83in39)d9
0 3 251n6 3 0

1
T —/ sin Gdﬁ———i—f6 (1—00529)dcos€
9 3 /o
T 16 cos3 6 s V3 V3
=— —_ — = — _— 7—1
9+3{C°SH 3}0 9 3(2 g T
x 16 (3V3 2 T 32
=4[22 2 ) =2 — 2 9B
93 ( 8 3) 9 9 " V3

) (=f31 + 2 fo' (wy

1
3

Ny = o/1 — 22 + y2 BT o A REL

) + zy foe” (zy)
"(zy)) .

Solution. F53 X 3840 B i, R X AR PE R 15 1 = // y3dxdy+// Va2 + y?dedy = 2/ Va2 + y?dzdy,
D D D

)
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11. Solution. a—; = f'(e" cosy) - €” cos y, a—; = f'(e" cosy) - (—e” siny),

9%z "o 2z 2 ! (aT x
@:f (e cosy)-e“cos”y + f' (e” cosy) - e” cosy,
9%z "oz 2 ;2 /(AT x
9 = f"(e"cosy) - e“"sin“y — f' (e” cosy) - e” cos y.
2
FﬁU\ % = f"(e" cosy) - e** = (4f (e® cosy) + e* cosy) e**, Rl f"(u) = 4f(u) + u.
%aﬁff [ —Af = O RHETT N 17 —4 = 0, f#13 r = £2, FTLGFUOTRRINEMN Cre® + Coe ™"

NTy=z, A=0NRFAEHFEIMR, BOTRFEAN y* =co, RABRO0=Adcx +2z, E#fFc= —%,

—_

FTCAAEFF RO FREMRA f(z) = C1e*™ + Coe™ " — —1.

4
, . 45 C]_+Cg:0, L 1 1
201~ 20y = 7 =0 16 16
1 1 —2x 1
I f(z) = ¢ _Re i

12. Solution. % F(z,y,2) = a2y +2, VF = (y,z,1),
WEHT zy + 2z = 0 fE AL Po(2,1, —2) VPP IR &R LLBCY VF|p, = (1,2,1),
PVPPFIIA L - (z—2)+2 - (y—1)+1-(2+2)=0, faz+2y4+2=2.
WENHL LHFHRITEN 2+ y+2 -1+ A2z +y+42—2) =0,
Bl A+ Dz + A+ 1)y+ 4+ 1)z— (22 +1) =0,
AHSUFPHER, B A+ LA+ 1,40 +1) - (1,2,1) =8\ +4=0, 3\ =—=,
T+2y+z=2,
y—2z=0.

\

Fr AP 2 BB TN {
13. Solution. H#E v A1 X (TFER 3(2? + 22) + 2y° = 12,

V (3(z® + 2%) 4+ 2y°) |p = (62, 4y,62)|p = (0,4V/3,6V/2).

FREL S 15 21 P (0,3, V2) AbARFTIMUI i e — (o, @ “f)
W Vu = (=32 + 22,2y, 42° — 32), FLL Vulp = (—3&, 23, 8&),

1 1
S—Z:Vu\p-nz\/gﬂ\/g—i-\/;-&@:?@-

; 2 2 2 2
vV |xy|sin (z° + Vixyl - (2 +
14. Solution. lim 241 5 ( v’) = lim 9] - ( v’) = lim /|zy| =
x—0 xre + y2 z—0 2 4 y2 xz—0

y—0 y—0 y—0

R BRI EL f (2, y) TE I AL S
X f(x,0) = £(0,y) =0, FTLA £.(0,0) = £,(0,0) = 0, KULRREL f(z,y) 7L AL 5 B A7 1E.
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15.

%g lim f(l'vy) — f(0,0) — fx(ovo)x — fy(ovo)y — lim V \xy| sin (xQ + y2)
5:8 /372+y2 538 ($2+y2) /x2+y2
2 : 2 2
My =z 0,y -0, tm | g [ 2 f il tim Yzulsin (22 £ %)
§—>8 x4y z—0 V 2x x—>8 (22 + y2) /22 + 32
PRI BR Y f (2, y) TR RUAEANAT L

£0,

Solution. =% &0 25 /5 bR %1

f(z,y,2) ‘P?’ (—20)” + (y — y0)> + (2 — 20)?,

%P%Siﬁ%fﬁﬂ%¢%ﬁ,M%ﬁ?ﬂmywﬁﬁﬁ%ﬁ¢@%@:OTW%%$@
o T TG, M4 Lagrange T80k, 47769280 \ B 484E 4 P b

Vf =2V,

Horp Vf:2(x—a:o,y—yo,z—zo)=2ﬁ’ T21F3 ﬁ

E%ﬂV¢W%%ﬁsﬁﬁP%%#4%ﬁ%,Lﬁ%%ﬁﬁﬁvw¥ﬁ,
BBl Py B IR 2 BT S 7E 2 P Ak i i
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